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Abstract

Electrophysiological signals of cortical activity show a range of possible frequency and

amplitude modulations, both within and across regions, collectively known as cross-fre-

quency coupling. To investigate whether these modulations could be considered as mani-

festations of the same underlying mechanism, we developed a neural mass model. The

model provides five out of the theoretically proposed six different coupling types. Within

model components, slow and fast activity engage in phase-frequency coupling in conditions

of low ambient noise level and with high noise level engage in phase-amplitude coupling.

Between model components, these couplings can be coordinated via slow activity, giving

rise to more complex modulations. The model, thus, provides a coherent account of cross-

frequency coupling, both within and between components, with which regional and cross-

regional frequency and amplitude modulations could be addressed.

Introduction

Electrophysiological activity of interconnected neurons encompasses multiple oscillatory com-

ponents [1,2]; these are subject to modulation of frequency [3–5] and amplitude [6,7]. Modu-

lation may have various utilities [8,9], such as sequence encoding [10,11], rectification of local

neural activity [12,13] and long-rage information transfer [14,15]. The mechanisms behind

these effects, however, are still not well-understood. In theory, they could all be manifestations

of a single underlying principle. To contemplate this possibility, we propose a model that

describes frequency and amplitude modulations as systematic relationships between slow and

fast oscillatory components of neural population activity.

Systematic relationships between oscillatory components are collectively known as cross-

frequency coupling (CFC). Jensen & Colgin [2] listed six types of CFC of interest to electro-

physiology: phase-phase, phase-frequency, phase-amplitude, frequency-frequency, amplitude-

amplitude and amplitude-frequency couplings (PPC, PFC, PAC, FFC, AAC, and AFC, respec-

tively). Empirical studies have mostly observed PPC [16–20], PAC [21–23] and occasionally

AAC [24–26]. To our knowledge, PFC, AFC and FFC have not been empirically observed so

far. Shortcomings of current CFC detection methods may, in part, be responsible for this. In
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particular, PFC may have been misidentified as PAC [9,27]. In anticipation of further progress

in measurement, it is desirable to have a model predicting the conditions under which these

modulations could arise, as part of an encompassing account of CFC.

We propose a neural mass model (NMM) for CFC. The neural mass approach collectively

describes neuronal activity by representing it at the level of neural populations. NMMs gener-

ate oscillatory activities through the interaction of neuronal populations within and across

regions. NMMs have been successfully used to describe various mesoscopic brain activities

[28] such as ongoing alpha, beta, gamma, delta, and theta band activity [29–31], the sleep spin-

dle/k-complex [32,33], as well as evoked activity [34,35].

Recently we introduced a NMM that manifests PAC [36]. The model consists of four neural

populations: pyramidal neurons, excitatory interneurons, slow and fast inhibitory interneu-

rons. A noise source, which represents un-modeled activity of neighboring brain regions,

serves as external input. The noise drives both the pyramidal neuron and the fast inhibitory

interneuron populations. Like its predecessor NMMs, the four-populations model generates

slow activity comparable to alpha, theta, and delta band oscillations through interactions

between pyramidal neuron and slow-inhibitory interneuron populations. Unique to our

NMM, the fast inhibitory interneuron population has a dynamic self-feedback mechanism,

which plays a crucial role in generating fast oscillatory activity.

Within this mechanism, the mean level of noise input acts as a bifurcation parameter for

the fast inhibitory interneuron population. For zero noise level, no fast oscillations arise. As

the noise level is increased, fast activity emerges in the model’s output, due to the self-feedback

of the fast-inhibitory interneuron population. The fast activity is comparable to interneuron

gamma (ING), which has been observed in neocortex and allocortex, e.g., in visual cortices

and hippocampus [37–39]. In Chehelcheraghi et al. [36], we demonstrated that the mean level

of input noise is a critical factor for the modulation of fast activity (see also [40]). From a cer-

tain nonzero noise level, fast oscillations occur and above a critical level, the model produces a

PAC signal: modulation of fast activity amplitude by the phase of the slow rhythm. Here we

will first show that noise below that level leads to PFC: modulation of fast activity frequency by

the phase of the slow rhythm. Next, we will demonstrate that besides PAC and PFC, other

types of CFCs, namely FFC, AAC and AFC can all be modeled based on the four-populations

model, depending solely on the choice of mean input noise level.

The four-populations model is considered to represent a cortical patch between a few milli-

meters and a centimeter in diameter, in which oscillations in various frequencies can be

observed [41]. Thus, we considered the four-populations model to represent a local region.

Empirical studies reports CFC between local regions. For instance, AAC was observed across

brain regions such as superior temporal and fusiform gyri [42]. We therefore connected two

identical four-populations models symmetrically via populations of pyramidal neurons. These

between-region populations relay slow oscillatory activity from one region to the other, and

allow the slow oscillations within both components to become synchronized. Synchronized

slow activity thus serves as a common modulator for the fast activities within both regions.

The between-region pyramidal populations could, in principle, be replaced by or extended

with an arbitrary oscillator (e.g., a thalamic pacemaker [43]). While allowing such possible

extensions, the current study used pyramidal units which we consider as the generic between-

region connectivity.

Although both PFC and PAC can arise within a single component, here we will operate

from the onset with a two components of the four-populations model, to show the role of syn-

chronization of the slow activity between the components in modeling cross-regional PAC

and PFC. In the first simulation, the two components of the four-populations model were used

to show PFC across the regions. Similarly, cross-regional PAC was shown in the second

Modeling CFC in neural mass models
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simulation. In both simulations, the second component has zero mean noise level, thereby pre-

venting any fast oscillations to emerge within the second component. Thus, cross regional

PAC and PFC arise via synchronization with the slow oscillations that connect the two compo-

nents. In the third, fourth, and fifth simulations, FFC, AAC and AFC were generated, respec-

tively, each as a function of the levels of nonzero mean noise input to both components. Based

on the results, we propose the present model as an inclusive theoretical framework for the dif-

ferent CFC phenomena.

Methods

Overview

As illustrated in Fig 1, the present model consists of two identical components labelled as

Node 1 and Node 2. Each component is a four-populations NMM node which simulates

electrophysiological activity [36]. The four populations represent, respectively, pyramidal neu-

ron, excitatory interneuron, slow inhibitory interneuron, and fast inhibitory interneuron of

the cortex. In each node, interaction between the pyramidal neurons and slow inhibitory inter-

neurons generates a steady-state activity, which is considered as its main (intrinsic) oscillation

(e.g. alpha band activity in visual cortex in [33]. Unique to our four-populations model, the

fast-inhibitory interneuron population has dynamic self-feedback. The feedback enables the

fast inhibitory interneurons to generate oscillations in the gamma range. This fast activity can

Fig 1. Schematic diagram of the proposed model. Each node is comprised of four neural population units: pyramidal neurons, excitatory interneurons,

slow inhibtory interneurons and fast ihbitory internneurons. Each node is identical to the NMM in [36]. The nodes are mutually connected by the dynamics

of the pyramidal neurons. Two independent Gaussian noise sources drive the NMM nodes.

https://doi.org/10.1371/journal.pone.0173776.g001
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occur simultaneously with the slow activity, which is a prerequisite for CFC in the model. The

two four-populations nodes are mutually connected via two between-node pyramidal neuron

populations.

The emergence and stability of fast activity in each node depends on two parameters, P1

and P2, which represent the mean levels of noise input to the nodes [36]. Small values deacti-

vate the fast oscillations (damping). Values above the damping regime determine the type of

modulation between the slow and fast oscillation. For parameter values below a critical thresh-

old, resonance occurs, allowing frequency modulation, namely, PFC, AFC, and FFC; above the

threshold the fast oscillations reach a steady-state, in which the frequency is invariant, and

amplitude modulation results, allowing for PAC and AAC. For an analytical account of this

mechanism, see [44]). We systematically vary the values of P1 and P2 in order to demonstrate

that PFC, PAC, FFC, AAC and AFC appear as a function of the parameters P1 and P2, without

changing model structure or connectivity.

Model

Each of the four neural population units of a node, pyramidal neurons, excitatory interneurons,

slow inhibitory interneurons, and fast inhibitory interneurons, has two variables: mean firing rate

fr(t) which is a function of mean membrane potential vm(t), and mean post synaptic potential v(t).
The mean membrane potential is obtained from the weighted summation of inputs. The mean

membrane potential is converted to the mean firing rate via a sigmoid function:

frðtÞ ¼ SigðvmðtÞÞ ¼
umax

1þ expð� rðvmðtÞ � vyÞÞ

Here vmax is the maximum firing rate of the population of neurons, vθ is the value of the

potential for which a 50% mean firing rate is achieved, and r is the slope of the sigmoid at vθ;

The parameter vθ will serve as mean firing threshold. The sigmoid function is parametrized

equally for all populations in the model. A second-order differential equation called the den-

dritic transfer function relates the mean firing rate, fr(t), of a population to the un-weighted

mean post synaptic potential, v(t), of that population via the dendritic transfer function:

HðSÞ ¼
Go

S2 þ 2oSþ o2
;

where G and ω characterize the mean strength and speed, respectively. Different population

units are distinguished by their time constant T ¼ 1

o
½sec� and the low frequency gain of the

dendritic transfer function G
o
½mV:sec�. The dendritic transfer function of each population unit

is denoted as Hlx(S), in which l 2 {p: pyramidal neuron population, q: excitatory interneuron

population, f: fast inhibitory interneuron population, s: slow inhibitory interneuron popula-

tion} and x 2 {1,2} is the node number, e.g. Hs2(S) denotes the dendritic transfer function of

the slow inhibitory interneuron population in the second node.

Four interconnected population units constitute a single node. Inputs to each population

unit are the weighted outputs from the other units, reflecting the mean excitatory or inhibitory

post synaptic potentials of an excitatory or inhibitory population (EPSP or IPSP). The input

synaptic potentials are weighted by constant connectivity strengths which are called synaptic

gains. A synaptic gain between populations is represented by Cαβ where α, β 2 {p: pyramidal

neuron population, q: excitatory interneuron population, f: fast inhibitory interneuron popula-

tion, s: slow inhibitory interneuron population}. Here α and β refer to target and source popu-

lation, respectively; e.g. the constant Cps is the gain of the synaptic connection from the slow

inhibitory population to the pyramidal neuron population.

Modeling CFC in neural mass models
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The pyramidal neuron population unit excites all three interneuron population units within

the node and in turn receives input from them. The slow inhibitory interneuron population

unit inhibits the fast inhibitory interneuron population unit. The fast inhibitory interneuron

population has an extra state variable, vff(t), for the dynamic self-inhibition. The dynamics of

the self-feedback in the fast inhibitory population is of first order and serves as a low pass filter

with cut-off frequency fc ¼ 1

ð2ptf Þ
.

As shown in Fig 1, Nodes 1 and 2 have identical structure. The two nodes are mutually con-

nected via the pyramidal populations. The synaptic gain of Node 1 to Node 2 is represented by

K21, while that in the inverse direction is given as K12. The dendritic transfer functions of pyra-

midal neurons between the nodes are labeled as Hp21(S) and Hp12(S). For each node, indepen-

dent Gaussian noise excites both the fast inhibitory interneuron and pyramidal neuron units.

The noise represents the mean firing rate of unmodeled external neural populations. The noise

is passed through the dendritic transfer function of pyramidal neurons between the nodes, i.e.,

Hp21(S) and Hp12(S), in order to convert it to mean post synaptic potentials. The potentials are

weighted by factors Kp and Kf in order to excite the pyramidal neurons and fast inhibitory

interneurons, respectively. For each node, the mean membrane potential of the pyramidal

population is the main output. The pyramidal population unit has been the main output (and

input) unit in previous cortical neural mass models [29,35]. The mean membrane potential of

the neurons represents population activity of the node; thus, this output is comparable with

macroscopic electrophysiological brain signals, such as, LFP, ECoG, and EEG. The dynamics

of the full model is described as follows.

Equations for Node 1. Pyramidal neuron population:

d2vp1

dt2
¼ Gp1op1Sigðvmp1ðtÞÞ � 2op1

dvp1

dt
� o2

p1
vp1ðtÞ

vmp1ðtÞ ¼ Cpqvq1ðtÞ � Cpsvs1ðtÞ � Cpf vf 1ðtÞ þ K12vp12ðtÞ þ Kp1vn1ðtÞ

Excitatory interneuron population:

d2vq1

dt2
¼ Gq1oq1Sigðvmq1ðtÞÞ � 2oq1

dvq1

dt
� o2

q1
vq1ðtÞ

vmq1ðtÞ ¼ Cqpvp1ðtÞ

Slow inhibitory interneuron population:

d2vs1

dt2
¼ Gs1os1Sigðvms1ðtÞÞ � 2os1

dvs1

dt
� o2

s1vs1ðtÞ

vms1ðtÞ ¼ Cspvp1ðtÞ

Fast inhibitory interneuron population:

d2vf 1

dt2
¼ Gf 1of 1Sigðvmf 1ðtÞÞ � 2of 1

dvf 1

dt
� o2

f 1
vf 1ðtÞ

tf 1

dvff 1ðtÞ
dt

¼ � vff 1ðtÞ þ vf 1ðtÞ

vmf 1ðtÞ ¼ Cfpvp1ðtÞ � CfsðtÞvs1ðtÞ � Cff vff 1ðtÞ þ Kf 1vn1ðtÞ

Modeling CFC in neural mass models
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External inputs:

d2vp12

dt2
¼ Gp12op12Sigðvmp2ðtÞÞ � 2op12

dvp12

dt
� o2

p12
vp12ðtÞ ðFrom Node 2Þ

d2vn1

dt2
¼ Gp12op12n1ðtÞ � 2op12

dvn1

dt
� o2

p12
vn1ðtÞ ðFiltered noiseÞ

n1ðtÞ ¼ NðP1; s
2

1
Þ ðWhite noiseÞ

Equations for Node 2. Pyramidal neuron population:

d2vp2

dt2
¼ Gp2op2Sigðvmp2ðtÞÞ � 2op2

dvp2

dt
� o2

p2
vp2ðtÞ

vmp2ðtÞ ¼ Cpqvq2ðtÞ � Cpsvs2ðtÞ � Cpf vf 2ðtÞ þ K21vp21ðtÞ þ Kp2vn2ðtÞ

Excitatory interneuron population:

d2vq2

dt2
¼ Gq2oq2Sigðvmq2ðtÞÞ � 2oq2

dvq2

dt
� o2

q2
vq2ðtÞ

vmq2ðtÞ ¼ Cqpvp2ðtÞ

Slow inhibitory interneuron population:

d2vs2

dt2
¼ Gs2os2Sigðvms2ðtÞÞ � 2os2

dvs2

dt
� o2

s2vs2ðtÞ

vms2ðtÞ ¼ Cspvp2ðtÞ

Fast inhibitory interneuron population:

d2vf 2

dt2
¼ Gf 2of 2Sigðvmf 2ðtÞÞ � 2of 2

dvf 2

dt
� o2

f 2
vf 2ðtÞ

tf 2

dvff 2ðtÞ
dt

¼ � vff 2ðtÞ þ vf 2ðtÞ

vmf 2ðtÞ ¼ Cfpvp2ðtÞ � CfsðtÞvs2ðtÞ � Cff vff 2ðtÞ þ Kf 2vn2ðtÞ

External inputs:

d2vp21

dt2
¼ Gp21op21Sigðvmp1ðtÞÞ � 2op21

dvp21

dt
� o2

p21
vp21ðtÞ ðFrom Node 1Þ

d2vn2

dt2
¼ Gp21op21n2ðtÞ � 2op21

dvn2

dt
� o2

p21
vn2ðtÞ ðFiltered noiseÞ

n2ðtÞ ¼ NðP2; s
2

2
Þ ðWhite noiseÞ

Modeling CFC in neural mass models
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Parameters. Table 1 shows the parameter values that are common to all current CFC sim-

ulations. The two nodes are identically parametrized, except for the time constant of the

dynamic self-feedbacks in the fast inhibitory interneurons, τf1 and τf2. As we will explain fur-

ther in the subsection Choice of Slow and Fast Oscillation Frequencies, these parameters were

fixed at different values for the sake of obtaining FFC, AAC and AFC. The remaining parame-

ter values are those suggested by [33] and [30], same as in our previous study [36]. Jansen and

Rit [33] assumed that synaptic connections are active in equal proportions between interacting

units, and proposed to the fix ratios of synaptic gains. The set of parameters was modified by

Wendling et al., [30] to model fast inhibitory interneurons. The modified set of parameters has

been the basis set for fast oscillations in many neural mass modeling studies, including the cur-

rent one.

Noise sources and fast oscillations. Table 2 shows how the values of the main parameters

P1 and P2 were systematically varied in order to enable different types of CFCs. Two indepen-

dent noise sources, NðP1; s
2
1
Þ and NðP2; s

2
2
Þ, excite both the pyramidal neurons and the fast

Table 1. Model parameters: Fixed values.

Parameter Interpretation Notation Value

Synaptic gain from excitatory interneurons to pyramidal neurons Cqp1, Cqp2 135

Synaptic gain from pyramidal neurons to excitatory interneurons Cpq1, Cpq2 108

Synaptic gain from slow inhibitory interneurons to pyramidal neurons Csp1, Csp2 33.75

Synaptic gain from pyramidal neurons to slow inhibitory interneurons Cps1, Cps2 33.75

Synaptic gain from fast inhibitory interneurons to pyramidal neurons Cfp1, Cfp2 40.5

Synaptic gain from pyramidal neurons to fast inhibitory interneurons Cpf1, Cpf2 27

Synaptic gain from fast inhibitory interneurons to slow inhibitory interneurons Cfs1, Cfs2 10.8

Synaptic gain of fast inhibitory interneurons self-feedback Cff1, Cff2 135

Noise excitation weight for pyramidal neurons Kp1, Kp2 40

Noise excitation weight for fast inhibitory interneurons Kf1, Kf2 108

Average time constant of pyramidal neurons membrane potential, the inverse divided

by 2π is equivalent to low cut-off frequency [sec]

ωp1
-1, ωp2

-1 10−1

Average time constant of between node pyramidal neurons membrane potential, the

inverse divided by 2π is equivalent to low cut-off frequency [sec]

ωp21
-1,

ωp12
-1

100−1

Average time constant of excitatory interneurons membrane potential, the inverse

divided by 2π is equivalent to low cut-off frequency [sec]

ωq1
-1, ωq2

-1 100−1

Average time constant of slow inhibitory interneurons membrane potential, the

inverse divided by 2π is equivalent to low cut-off frequency [sec]

ωs1
-1, ωs2

-1 50−1

Average time constant of fast inhibitory interneurons membrane potential, the inverse

divided by 2π is equivalent to low cut-off frequency [sec]

ωf1
-1, ωf2

-1 200−1

Average dendritic gains of pyramidal neurons [mV] Gp1, Gp2 0.32

Average dendritic gains of between node pyramidal neurons [mV] Gp21, Gp12 3.2

Average dendritic gains of excitatory interneurons [mV] Gq1, Gq2 3.2

Average dendritic gains of slow inhibitory interneurons [mV] Gs1, Gs2 22

Average dendritic gains of fast inhibitory interneurons [mV] Gf1, Gf2 50

Expected spiking threshold voltage [mV] vθ 5

Half-maximum firing rate [Hz] υ0 2.5

Variance of membrane potential over individual neurons in the population [mV-1] R 1.12

Variance of white noise [Hz2] σ2
1, σ2

2 0.5

Between node synaptic gain K21, K12 40

Average time constant of self-synaptic decay in fast inhibitory interneurons [sec] τf1 0.01

τf2 0.005

https://doi.org/10.1371/journal.pone.0173776.t001
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inhibitory interneurons of Nodes 1 and 2, respectively. The noise sources represent the unmo-

deled mean firing rates, which originate from various cortical and subcortical regions. As long

as the mean noise level P is too small, fast oscillations fail to arise due to damping. Higher levels

of noise trigger fast oscillations, for which P serves as a bifurcation parameter. We will refer to

the bifurcation value as limit-cycle threshold. When a P parameter value is below the limit-

cycle threshold, the fast inhibitory population with feedback serves as a resonance filter. Such a

filter is selective to a specific frequency in the input and the output contains the resonance fre-

quency component. In this regime, the frequency of the fast oscillation is sensitive to the slow

oscillations in the modulating input. Hence, the resonance is suitable as a frequency modula-

tion mechanism. For PFC and FFC simulations, the parameter was set in the resonance range.

When P value is above the threshold, a limit cycle emerges corresponding to the fast oscilla-

tion. In this type of oscillation, the amplitude of the fast oscillation is sensitive to modulatory

input. Therefore, the limit cycle oscillation is a suitable mechanism for amplitude modulation.

For PAC and AAC simulations, thus, the P parameters are set to obtain a limit-cycle osillation.

For AFC, P values were set to obtain a limit cycle in one node and resonance oscillations in the

other.

Slow oscillations, generation and synchronization. As in previous NMM studies [29,45],

the model generates slow oscillations through the interactions between the pyramidal and slow

inhibitory interneuron populations within each node. When nodes are connected, the slow

oscillations synchronize, desynchronize, or show intermittent synchronization behavior,

depending on the coupling strengths K12 and K21 between them [46]. Synchronization will not

arise for small values of K12 and K21. We used K12 = K21 = 40 throughout this study, which

assures that the slow oscillations are synchronized.

Choice of slow and fast oscillation frequencies. For frequency modulation, intuitively,

the condition ffast >> fslow should be met where ffast is the frequency of the fast oscillation and

fslow is that of the slow one. We set the slow oscillation in the delta band and the fast oscillation

in the gamma band, the slowest and the fastest commonly observed in EEG. To generate slow

oscillation in the delta band (~3Hz), the time constants of the pyramidal neurons in both

nodes were set to op1 ¼ op2 ¼ 10 rad
s . This value differs by a factor 10 from that used in previ-

ous studies to obtain alpha oscillations [29,30,36]. In order to keep the stationary conditions of

the model unaffected, the low frequency gain (G
o
) was kept in the same proportion, meaning G

was changed from 3.2 (for alpha) to 0.32 (for delta). The frequency of the fast oscillations is

tuned through the time constant of the dynamic feedback, τf1 and τf2. These were set to 0.5 ms

and 1ms, respectively, resulting in 51Hz and 42Hz gamma activity in the first and the second

node, respectively. These frequencies were chosen to be different in order to show that for

FFC, AAC, and AFC in general the fast oscillations do not need to have the same frequencies.

For amplitude modulation, the condition should be met that
ffast
fslow

> 2 [27]. The fast and slow

frequencies chosen above meet these conditions.

Evaluation of Cross-Frequency Coupling (CFC)

To assess the CFC generated by our model, the output of each node was decomposed into

fast-oscillation (FO) and slow-oscillation (SO) signals, respectively, by high-pass or low-pass

filtering at a 15Hz cut-off frequency (fc). For filtering we used the eeglab13.4.4b Matlab tool-

box [47]. FO and SO signals were always normalized to zero mean and unit variance. To

evaluate frequency modulation, the average number of zero crossings of the FO signal was

calculated for each positive and negative phase of the SO signal in the same node. The aver-

age number of zero crossings was obtained by calculating the zero-crossing rate according to
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the following equation:

zcr ¼
1

2T

XT�fs

t¼0

IfFOðtÞ � FOðt þ 1Þ < 0g;

in which T is the time interval of SO in negative (from sine(-π) to sine(0)) or positive (from

sine(0) to sine(π)) phases and fs is the sampling frequency. The indicator function I{A} is 1 if

its argument is true and 0 otherwise. The average over T does not reflect small fluctuations,

which do not cross zero. As a result, the number zcr tends to be lower than the actual fre-

quency, i.e., the average numer of zero crossing is not identical to the average frequency, but

may serve as an index is of it. The power spectral density (PSD) of the output signal was cal-

culated using the [48] method. A Hanning time window of length equal to 16348 data point

was moved stepwise with 25% overlap. Amplitude modulation was evaluated by visual

inspection, comparing the envelope of the FO signals with the SO signal.

Simulation specifications

The model was implemented and ran in Matlab/Simulink 8.0 (R2012b), using a 4th order

Runge—Kutta method with fixed time step of 0.0001 seconds. The number of iterations was

chosen sufficiently large to assure stationarity of the dynamics. Transient dynamics were omit-

ted from data analyses and graphical presentations of the results. The model is available at

Zenodo website [49].

Results

Phase-frequency coupling

For P1 a value of 4.5, lower than the limit cycle threshold, was selected (Table 2), which assures

that the node operates as a resonance filter circuit in the gamma band. As shown in Fig 2, for

every positive phase of the slow oscillation in Node 1, the average zero crossings of fast oscilla-

tion in Node 1 was increased and for every negative phase it was decreased. Amplitude of the

fast oscillation was slightly modulated as well, but far less pronounced than frequency. This

illustrates that in the resonance regime, the fast oscillation is more sensitive to frequency than

to amplitude modulation. The value of P2 was set to 0 in order to deactivate the fast oscillation

in the second node. The PFC arises within Node 1. The slow oscillation in the first node was

synchronized with that in the second node (Fig 2). As a consequence, the frequency of the fast

oscillation in Node 1 also correlates with the phase of the slow oscillations in Node 2, resulting

in cross-node PFC. Note that cross-node PFC was generated only through the settings of mean

noise input levels, P1 and P2, while connection strengths remained fixed. The cross-node PFC

arises through cross-node phase-phase coupling of the slow oscillations, combined with local

phase-frequency coupling. Although the fast oscillation in Node 2 appears to be oscillating at

around 18Hz, this is due to the cut-off frequency of the filters. As we will report in the Power

Table 2. P parameters for each CFC simulation.

Interpretation Notation cross-node PFC cross-node PAC FFC AAC AFC

Mean Input Noise Level P1 4.5 7 4.5 7 7

P2 0 0 4.5 7 4.5

Note: the value 0 deactivates fast oscillation; 4.5 induces a resonance regime and 7 induces a stable limit cycle corresponding to fast oscillations.

https://doi.org/10.1371/journal.pone.0173776.t002
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spectrum densities (PSDs) of Model output, the inhibitory interneurons in Node 2 do not pro-

duce any fast oscillations.

Phase-amplitude coupling

The mechanism for implementing cross-node PAC is similar to above, except that in the first

node, the value of parameter P1 was set to 7, which is higher than the limit cycle threshold

which triggers a steady-state gamma band oscillation. P2 again was set to 0, in order to deacti-

vate the fast oscillation in the second node (Table 2). The amplitude of the fast oscillation in

Node 1 was modulated by the slow activity via the coupling between the slow and the fast

inhibtory interneurons. Through the synchronization of the slow oscillations across the nodes,

the slow oscillation in Node 2 also correlates with the amplitude changes of the fast oscillation

in Node 1, resulting in cross-node PAC (Fig 3).

Frequency-frequency coupling

With FFC, two distinct fast oscillations change their frequencies over time. Thus, two fre-

quency-modulated signals are required. To enable this, P1 and P2 were both set to 4.5, i.e. in

the resonance regime. The resulting FFC is shown in Fig 4. Fast oscillations in both nodes

show increase and decrease in average number of zero crossings within, respectively, the nega-

tive and positive phases of the slow oscillations. The synchronized slow oscillations modulate

Fig 2. Phase-Frequency Coupling (PFC) simulation. Time domain signals are shown for visual inspection of each CFC. FO1,

SO1, FO2 and SO2 are the filtered output of the Node 1 and Node 2 respectively. The frequency of FO1 varies between positive

(yellow stripes) and negative (green stripes) phases of SO1. SO1 and SO2 are synchronized (i.e., cross-node PPC). Integers

below the FO time waves are average numbers of FO zero crossings, which is used as an index of average frequency of each

phase. Local PFC between FO1 and SO1 and cross-node PFC between FO1 and SO2 are observed.

https://doi.org/10.1371/journal.pone.0173776.g002
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the frequency of the fast oscillations. Thus, the FFC is the result of two local PFCs of which the

slow signals are synchronized between nodes.

Amplitude-amplitude coupling

AAC refers to the correlation between two amplitude signals from two distinct fast oscillations.

Therefore, AAC requires a pair of amplitude-modulated signals. To achieve this, P1 and P2

were both set to 7, well above the limit cycle threshold. Time constants for the fast interneuron

populations self-feedback were set to obtain a fast oscillation of about 51Hz in Node 1, and of

about 42Hz in Node 2. As shown in Fig 5, the amplitudes of the fast oscillations were modu-

lated by synchronization between the slow oscillations. As a result, the amplitude of the fast

oscillation in Node 1 correlated with that of the fast oscillation in Node 2. AAC is thus the

product of two local PACs of which the slow signals are synchronized between nodes.

Amplitude-frequency coupling

AFC is the most complex type of CFC; amplitude of one fast oscillation correlates with the

fluctuations in the frequency of the other. To obtain AFC, PAC is generated in Node 1, i.e., the

P1 is set to 7, well above the limit-cycle threshold value, and P2 is set to 4.5, in the resonance

regime. PAC within Node 1 and PFC within Node 2 were combined via the cross-node phase

synchronization. The synchronized slow oscillations between nodes simultaneously modulate

the amplitude of the fast oscillation in Node 1 and the frequency of the fast oscillation in Node

2, resulting in AFC between the fast oscillations of Nodes 1 and 2 (Fig 6).

Fig 3. Phase-Amplitude Coupling (PAC) simulation. The instantaneous amplitude of FO1 correlates with the synchronized

SO1 and SO2. Local PAC between FO1 and SO1 and cross-node PAC between FO1 and SO2 are observable. Integers below the

FO time waves indicate average number of zero crossings of FOs.

https://doi.org/10.1371/journal.pone.0173776.g003
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Power Spectrum Densities (PSDs) of model output

Fig 7 shows PSDs of outputs from Nodes 1 and 2 in each CFC simulation. Peaks appear in the

delta (< 4Hz) and gamma (>30Hz) bands, which indicates stationary oscillatory activity. In

case of frequency modulation (Panels a and c), the gamma activity shows wider peaks than in

case of amplitude modulation (Panels b and d). In Panel e, where both modulations occur, a

narrow (Node 1) and a wide (Node 2) bands can be observed in the gamma activity. In the

PFC and PAC results (Figs 2 and 3), the fast oscillation in Node 2 appeared to have oscillatory

activity around 18Hz. However, no peak at 18Hz exists in Panels a and b. Thus, the apparent

‘18Hz oscillation’ is shown to be an artifact of filtering. (Note that numbers of zero crossings of

fast oscillations in Figs 2–6 are slightly lower than that of their actual frequency due to the esti-

mation method of the zero crossing)

Discussion

As suggested by Jensen and Colgin [2], coupling between slow and fast neural activity could

take one of six forms: PFC, PAC, FFC, AAC, AFC or PPC. The first five of these were obtained

in a model consisting of two mutually connected four-populations NMM nodes. For PAC or

PPC, models have previously been developed with greater neurological detail than the present

one [50–52]. Instead, we aimed to understand the systematic relationship among the cross-fre-

quency couplings (CFCs). Neural mass models afford this based on their relative simplicity

while preserving sufficient neural plausibility for simulating population level

Fig 4. Frequency-Frequency Coupling (FFC) simulation. The frequency of FO1 and FO2 varies for the synchronized SO1 and

SO2. Integers below the FO time waves are the average number of zero crossings, which is an index of average frequency of each

phase. The numbers change between positive and negative phases of synchronized SO1 and SO2. Local PFC between FO1 and

SO1, and between FO2 and SO2 are also observed.

https://doi.org/10.1371/journal.pone.0173776.g004
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electrophysiological signals [30,33,45]. The neural mass modeling approach has been used for

both quantitative estimation of the system parameters in cortical and subcortical regions

[43,53–55] and qualitative simulation for neural systems behavior [31,56–58]. Here, all results

are qualitative, as they serve the purpose of introducing a plausible common mechanism for

the emergence of different types of CFC.

Each node of the model represents a patch of cortical tissue, anywhere between a few milli-

meters and a centimeter in diameter, in which oscillations in various frequencies can be

observed [41]. Whereas nodes were connected symmetrically to represent interconnected

brain electrical activity sources within a cortical region, asymmetric inter-node connectivity is

more likely to represent hierarchical structures, such as top-down/bottom-up connectivity in

visual cortex [59]. Addressing this issue will require further elaboration of the inter-node con-

nectivity of the model.

To generate different types of CFC, the model structure and connectivity were not changed,

rather, the level of input noise of the nodes (parameters P1 and P2) was varied. The noise level

determines the stability of the fast activity: when P is in the resonance regime, local PFC

occurs, while the parameter is set above the limit-cycle threshold, local PAC emerges. The

results showed that PFC and PAC are two phases of a CFC which are determined by the stabil-

ity of the fast inhibitory activity. The modeled fast activity represents interneuron gamma

(ING). Thus, the simulation results predict that, as the mean noise input level to a cortical

region changes, stability of ING will change, and CFC will change in appearance between fre-

quency and amplitude modulation.

Fig 5. Amplitude-Amplitude Coupling (AAC) simulation. The instantaneous amplitude of FO1 and FO2 correlate with the

synchronized SO1 and SO2. Integers below the FO time waves indicate average number of zero crossings of FOs.

https://doi.org/10.1371/journal.pone.0173776.g005

Modeling CFC in neural mass models

PLOS ONE | https://doi.org/10.1371/journal.pone.0173776 April 5, 2017 13 / 19

https://doi.org/10.1371/journal.pone.0173776.g005
https://doi.org/10.1371/journal.pone.0173776


The slow activity of the nodes was synchronized via the inter-node connection. The local

fast activities are modulated via the synchronized slow activity. Our results show how local

ING can be modulated across brain regions via a common intrinsic slow activity, e.g., alpha

band activity in visual cortices. Cross-regional PAC was reported even between bilateral motor

cortices in monkeys [60]. For the inter-hemispheric PAC, other regions, such as, the subthala-

mic nucleus, could also contribute as a pacemaker. A pacemaker region could replace or com-

plement the between-node pyramidal population [43,61]. This would not affect to the

framework of cross-regional PAC/PFC generation, as long as the slow activities of the individ-

ual nodes remain synchronized in the same frequency band. Across brain regions of which the

main frequencies differ, e.g., alpha rhythms in visual cortices and theta in hippocampus, m:n

synchrony (where m6¼n) is needed for modulation of local fast activities. Neural mass model-

ing studies have been addressing the issue of cross-frequency phase-phase coupling (PPC), in

which coupling strength between the nodes is the major parameter of interest [46]. The cur-

rent study, however, does not address the issue since our main parameters were the mean

noise input levels.

The model also successfully implemented AAC, FFC and AFC. In all simulations, ampli-

tude and/or frequency of fast activity was modulated by synchronized slow activity. The

assumption of a common modulator is in accordance with empirical studies. For example,

AAC measurement provided evidence that two fast activities were modulated by a common

slow activity in LFP signals [24–26]. To our knowledge, PFC, FFC and AFC have not yet been

reported in brain signals. The model predicts FFC if slow activity in two regions is phase syn-

chronized while stability of ING in both is intermediate, i.e., in the resonance regime. Likewise,

Fig 6. Amplitude-Frequency Coupling (AFC) simulation. The instantaneous amplitude of FO1 correlates with the synchronized

SO1 and SO2. The frequency of FO2 is about constant while the frequency of FO1 varies for the synchronized SO1 and SO2. See

average number of zero crossings in FOs, indicated as integers below the FO time waves.

https://doi.org/10.1371/journal.pone.0173776.g006
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AFC is expected when the slow activity is synchronized while ING is stable in one region but

intermediately stable in the other.

Our PFC, FFC and AFC results provide a possible explanation why frequency modulations

are scarcely reported. Frequency modulation occurred when the model was in the resonance

regime, where amplitude modulation also occurrs to some extent. This suggests that in the

brain signal, PFC and PAC may co-exist. Since PFC measures are still under-developed com-

pared to PAC measures [6,62–65], PFC may fail to be observed in a noisy signal such as EEG,

while the weaker PAC is detected.

The frequency modulation could be more than a mere transient state to amplitude modula-

tion. Empirical studies have shown that fast inhibitory interneurons fire at a specific phase of

the gamma band oscillation [37,66]. The gamma frequency, in this context, is synonymous to

the average number of spiking. As the gamma frequency increases/decreases according to the

slow phases, the inhibitory population changes in excitability. In the current model, the range

between the maximum and minimum frequencies is larger in the frequency modulation than

in the amplitude modulation. Such a wide range of excitability is beneficial, for example, for

implementing a gating function for information transfer.

In our model, frequency was determined by the fixed time constants of the neural popula-

tions (see also [67]). Frequency modulation was realized by through the effect of mean input

noise level on the gain of the sigmoid block. The product of the gain and the time constant

determines the resonance frequency. In principle, the time constants could also be considered

as function of noise level [40]. This, however, would not change the principle behind the cur-

rent approach.

Fig 7. The comparison of PSDs in different forms of CFC. PFC: Phase-Frequency Coupling, PAC: Phase-Amplitude

Coupling, FFC: Frequency-Frequency Coupling, AAC: Amplitude-Amplitude Coupling, AFC: Amplitude-Frequency Coupling.

https://doi.org/10.1371/journal.pone.0173776.g007
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We conclude that two fundamental forms of CFCs in cortex are PFC and PAC. They

emerge as modulations of ING. The couplings can either be kept local or spread across regions

via PPC, depending on the synchronization of slow intrinsic oscillation between these regions.
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37. Wang X-J, Buzsáki G. Gamma Oscillation by Synaptic Inhibition in a Hippocampal Interneuronal Net-

work Model. J Neurosci. 1996; 16: 6402–6413. PMID: 8815919

38. Bartos M, Vida I, Frotscher M, Meyer A, Monyer H, Geiger JRP, et al. Fast synaptic inhibition promotes

synchronized gamma oscillations in hippocampal interneuron networks. Proc Natl Acad Sci. 2002; 99:

13222–13227. https://doi.org/10.1073/pnas.192233099 PMID: 12235359

39. Bartos M, Vida I, Jonas P. Synaptic mechanisms of synchronized gamma oscillations in inhibitory inter-

neuron networks. Nat Rev Neurosci. 2007; 8: 45–56. https://doi.org/10.1038/nrn2044 PMID: 17180162

40. Lefebvre J, Hutt A, Knebel J-F, Whittingstall K, Murray MM. Stimulus Statistics Shape Oscillations in

Nonlinear Recurrent Neural Networks. J Neurosci. 2015; 35: 2895–2903. https://doi.org/10.1523/

JNEUROSCI.3609-14.2015 PMID: 25698729

41. Timofeev I, Grenier F, Bazhenov M, Sejnowski TJ, Steriade M. Origin of Slow Cortical Oscillations in

Deafferented Cortical Slabs. Cereb Cortex. 2000; 10: 1185–1199. PMID: 11073868

42. Park H, Kang E, Kang H, Kim JS, Jensen O, Chung CK, et al. Cross-Frequency Power Correlations

Reveal the Right Superior Temporal Gyrus as a Hub Region During Working Memory Maintenance.

Brain Connect. 2011; 1: 460–472. https://doi.org/10.1089/brain.2011.0046 PMID: 22432903

43. Bhattacharya BS, Coyle D, Maguire LP. A thalamo-cortico-thalamic neural mass model to study alpha

rhythms in Alzheimer’s disease. Neural Netw Off J Int Neural Netw Soc. 2011; 24: 631–645.

44. Chehelcheraghi M, Nakatani C, van Leeuwen C. Analysis of an Interneuron Gamma Mechanism for

Cross-Frequency Coupling. Math Model Nat Phenom. in press;

45. Wilson HR, Cowan JD. Excitatory and Inhibitory Interactions in Localized Populations of Model Neu-

rons. Biophys J. 1972; 12: 1–24. https://doi.org/10.1016/S0006-3495(72)86068-5 PMID: 4332108

46. Huang G, Zhang D, Meng J, Zhu X. Interactions between two neural populations: A mechanism of

chaos and oscillation in neural mass model. Neurocomputing. 2011; 74: 1026–1034.

47. Brunner C, Delorme A, Makeig S. Eeglab—an Open Source Matlab Toolbox for Electrophysiological

Research. Biomed Eng Biomed Tech. 2013;

48. Welch PD. The use of fast Fourier transform for the estimation of power spectra: A method based on

time averaging over short, modified periodograms. IEEE Trans Audio Electroacoustics. 1967; 15: 70–

73.

49. Chehelcheraghi M. Matlab/Simulink implemenetation of a Neural Mass Model for Simulating Cross Fre-

quency Coupling. Zenodo. 2017;

50. Kopell N, Ermentrout GB, Whittington MA, Traub RD. Gamma rhythms and beta rhythms have different

synchronization properties. Proc Natl Acad Sci. 2000; 97: 1867–1872. PMID: 10677548

51. Neymotin SA, Lazarewicz MT, Sherif M, Contreras D, Finkel LH, Lytton WW. Ketamine disrupts θmod-

ulation of γ in a computer model of hippocampus. J Neurosci Off J Soc Neurosci. 2011; 31: 11733–

11743.

52. Neymotin SA, Hilscher MM, Moulin TC, Skolnick Y, Lazarewicz MT, Lytton WW. Ih tunes theta/gamma

oscillations and cross-frequency coupling in an in silico CA3 model. PloS One. 2013; 8: e76285. https://

doi.org/10.1371/journal.pone.0076285 PMID: 24204609

53. Cona F, Zavaglia M, Massimini M, Rosanova M, Ursino M. A neural mass model of interconnected

regions simulates rhythm propagation observed via TMS-EEG. NeuroImage. 2011; 57: 1045–1058.

https://doi.org/10.1016/j.neuroimage.2011.05.007 PMID: 21600291

54. Cona F, Lacanna M, Ursino M. A thalamo-cortical neural mass model for the simulation of brain rhythms

during sleep. J Comput Neurosci. 2014; 37: 125–148. https://doi.org/10.1007/s10827-013-0493-1

PMID: 24402459

55. Moran R, Pinotsis DA, Friston K. Neural masses and fields in dynamic causal modeling. Front Comput

Neurosci. 2013; 7.

56. Ursino M, Cona F, Zavaglia M. The generation of rhythms within a cortical region: Analysis of a neural

mass model. NeuroImage. 2010; 52: 1080–1094. https://doi.org/10.1016/j.neuroimage.2009.12.084

PMID: 20045071

57. Garnier A, Vidal A, Huneau C, Benali H. A Neural Mass Model with Direct and Indirect Excitatory Feed-

back Loops: Identification of Bifurcations and Temporal Dynamics. Neural Comput. 2014; 27: 329–364.

https://doi.org/10.1162/NECO_a_00696 PMID: 25514111

58. Youssofzadeh V, Prasad G, Wong-Lin K. On self-feedback connectivity in neural mass models applied

to event-related potentials. NeuroImage. 2015; 108: 364–376. https://doi.org/10.1016/j.neuroimage.

2014.12.067 PMID: 25562823

Modeling CFC in neural mass models

PLOS ONE | https://doi.org/10.1371/journal.pone.0173776 April 5, 2017 18 / 19

http://www.ncbi.nlm.nih.gov/pubmed/8815919
https://doi.org/10.1073/pnas.192233099
http://www.ncbi.nlm.nih.gov/pubmed/12235359
https://doi.org/10.1038/nrn2044
http://www.ncbi.nlm.nih.gov/pubmed/17180162
https://doi.org/10.1523/JNEUROSCI.3609-14.2015
https://doi.org/10.1523/JNEUROSCI.3609-14.2015
http://www.ncbi.nlm.nih.gov/pubmed/25698729
http://www.ncbi.nlm.nih.gov/pubmed/11073868
https://doi.org/10.1089/brain.2011.0046
http://www.ncbi.nlm.nih.gov/pubmed/22432903
https://doi.org/10.1016/S0006-3495(72)86068-5
http://www.ncbi.nlm.nih.gov/pubmed/4332108
http://www.ncbi.nlm.nih.gov/pubmed/10677548
https://doi.org/10.1371/journal.pone.0076285
https://doi.org/10.1371/journal.pone.0076285
http://www.ncbi.nlm.nih.gov/pubmed/24204609
https://doi.org/10.1016/j.neuroimage.2011.05.007
http://www.ncbi.nlm.nih.gov/pubmed/21600291
https://doi.org/10.1007/s10827-013-0493-1
http://www.ncbi.nlm.nih.gov/pubmed/24402459
https://doi.org/10.1016/j.neuroimage.2009.12.084
http://www.ncbi.nlm.nih.gov/pubmed/20045071
https://doi.org/10.1162/NECO_a_00696
http://www.ncbi.nlm.nih.gov/pubmed/25514111
https://doi.org/10.1016/j.neuroimage.2014.12.067
https://doi.org/10.1016/j.neuroimage.2014.12.067
http://www.ncbi.nlm.nih.gov/pubmed/25562823
https://doi.org/10.1371/journal.pone.0173776


59. Bastos AM, Usrey WM, Adams RA, Mangun GR, Fries P, Friston KJ. Canonical microcircuits for predic-

tive coding. Neuron. 2012; 76: 695–711. https://doi.org/10.1016/j.neuron.2012.10.038 PMID: 23177956

60. Canolty RT, Ganguly K, Kennerley SW, Cadieu CF, Koepsell K, Wallis JD, et al. Oscillatory phase cou-

pling coordinates anatomically dispersed functional cell assemblies. Proc Natl Acad Sci. 2010; 107:

17356–17361. https://doi.org/10.1073/pnas.1008306107 PMID: 20855620

61. Mina F, Benquet P, Pasnicu A, Biraben A, Wendling F. Modulation of epileptic activity by deep brain

stimulation: a model-based study of frequency-dependent effects. Front Comput Neurosci. 2013; 7.

62. Lakatos P, Shah AS, Knuth KH, Ulbert I, Karmos G, Schroeder CE. An oscillatory hierarchy controlling

neuronal excitability and stimulus processing in the auditory cortex. J Neurophysiol. 2005; 94: 1904–

1911. https://doi.org/10.1152/jn.00263.2005 PMID: 15901760

63. Cohen MX. Assessing transient cross-frequency coupling in EEG data. J Neurosci Methods. 2008; 168:

494–499. https://doi.org/10.1016/j.jneumeth.2007.10.012 PMID: 18061683

64. Tort ABL, Komorowski R, Eichenbaum H, Kopell N. Measuring Phase-Amplitude Coupling Between

Neuronal Oscillations of Different Frequencies. J Neurophysiol. 2010; 104: 1195–1210. https://doi.org/

10.1152/jn.00106.2010 PMID: 20463205

65. Nakhnikian A, Ito S, Dwiel LL, Grasse LM, Rebec GV, Lauridsen LN, et al. A novel cross-frequency cou-

pling detection method using the generalized Morse wavelets. J Neurosci Methods. 2016; 269: 61–73.

https://doi.org/10.1016/j.jneumeth.2016.04.019 PMID: 27129446

66. Fries P, Reynolds JH, Rorie AE, Desimone R. Modulation of oscillatory neuronal synchronization by

selective visual attention. Science. 2001; 291: 1560–1563. PMID: 11222864

67. Marreiros AC, Daunizeau J, Kiebel SJ, Friston KJ. Population dynamics: variance and the sigmoid acti-

vation function. NeuroImage. 2008; 42: 147–157. https://doi.org/10.1016/j.neuroimage.2008.04.239

PMID: 18547818

Modeling CFC in neural mass models

PLOS ONE | https://doi.org/10.1371/journal.pone.0173776 April 5, 2017 19 / 19

https://doi.org/10.1016/j.neuron.2012.10.038
http://www.ncbi.nlm.nih.gov/pubmed/23177956
https://doi.org/10.1073/pnas.1008306107
http://www.ncbi.nlm.nih.gov/pubmed/20855620
https://doi.org/10.1152/jn.00263.2005
http://www.ncbi.nlm.nih.gov/pubmed/15901760
https://doi.org/10.1016/j.jneumeth.2007.10.012
http://www.ncbi.nlm.nih.gov/pubmed/18061683
https://doi.org/10.1152/jn.00106.2010
https://doi.org/10.1152/jn.00106.2010
http://www.ncbi.nlm.nih.gov/pubmed/20463205
https://doi.org/10.1016/j.jneumeth.2016.04.019
http://www.ncbi.nlm.nih.gov/pubmed/27129446
http://www.ncbi.nlm.nih.gov/pubmed/11222864
https://doi.org/10.1016/j.neuroimage.2008.04.239
http://www.ncbi.nlm.nih.gov/pubmed/18547818
https://doi.org/10.1371/journal.pone.0173776

